Let N be an n-dimensional submanifold of M. The second fundamental form α of the immersion is defined by α(X, Y ) = ∇ X Y − ∇ X Y for X, Y ∈ X(N), where ∇ (resp. ∇) is the covariant differentiations on M (resp. N). The submanifold N is said to be totally umbilical, if α(X, Y ) = g(X, Y )H, H being the mean curvature vector of N in M, i.e. H = (1/n)trace α. Let ξ be a vector field normal to N. Then the Weingarten formula is
where −A ξ X (respectively, D X ξ) denotes the tangential (resp. the normal) component of ∇ X ξ. The vector field ξ is said to be parallel, if D X ξ = 0 for each X ∈ X(N).
The equation of Codazzi is given by
where {R(X, Y )Z} ⊥ denotes the normal component of R(X, Y )Z and
By an n-plane in T p (M) we mean an n-dimensional linear subspace of T p (M). An n-plane π is said to be holomorphic (resp. antiholomorphic) if π = Jπ (resp. π ⊥ Jπ).
A 2m-dimensional Kähler manifold M is said to satisfy the axiom of holomorphic (resp. antiholomorphic) 2n-spheres (resp. n-spheres), where n is a fixed integer, 1 ≤ n ≤ m, if for each point p ∈ M and for any 2n-dimensional holomorphic (resp. n-dimensional antiholomorphic) plane π in T p (M) there exists a totally umbilical submanifold N of M with a parallel mean curvature vector, such that p ∈ N and T p N = π.
As was proved in [2] , if a 2m-dimensional Kähler manifold M satisfies the axiom of holomorphic 2n-spheres for some n, 1 ≤ n < m or the axiom of antiholomorphic n-spheres for some n, 1 < n ≤ m, then M is of constant holomorphic sectional curvature.
We shall prove the following theorems:
Theorem 1. Let M be a 2m-dimensional Kähler manifold, m > 2, and let n be a fixed integer, 2 ≤ n < m. If for each point p ∈ M and for any holomorphic 2n-plane π in T p (M) there exists a totally umbilical submanifold N of M, such that p ∈ N and T p (N) = π, then M is of constant holomorphic sectional curvature.
Theorem 2. Let M be a 2m-dimensional Kähler manifold, m > 2, and let n be a fixed integer, 2 < n ≤ m. If for each point p ∈ M and for any antiholomorphic n-plane π in T p (M) there exists a totally umbilical submanifold N of M, such that p ∈ N and T p (N) = π, then M is of constant holomorphic sectional curvature. R(e i , Je i , Je i , e i ) is independent of the orthonormal basis {e i , Je i ; i = 1, ..., m} of T p (M) [5] . Hence it is not difficult to prove the following Lemma. A Kähler manifold M of dimension 2m ≥ 6 has a vanishing Bochner curvature tensor, iff for each point p ∈ M and for all unit vectors x, y, z ∈ T p (M) which span an antiholomorphic 3-plane R(x, Jx, y, z) = 2R(x, y, Jx, z) holds good.
Let N be a totally umbilical submanifold of M. Then Codazzi's equation reduces to
Now we can proceed to prove Theorem 1. For a point p ∈ M we take arbitrary unit vectors x, y, z ∈ T p (M) which span an antiholomorphic 3-plane. Let N be a totally umbilical submanifold of M such that p ∈ N, x, y, Jx, Jy ∈ T p (N) and z ⊥ T p (N). Then, from (2.1) we obtain (2.2) R(x, Jx, y, z) = 0 , R(x, y, Jx, z) = 0
